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We investigate two equivalent capacitively and tunnel coupled quantum dots, each
coupled to its own pair of leads. Local Holstein type electron-phonon coupling at the
dots is assumed. We eliminate the linear e-ph coupling terms employing Lang-Firsov
transformation. To study many-body effects we use the finite-U mean-field slave
boson approach. For vanishing interdot interaction, weak e-ph coupling and finite
tunneling, molecular orbital spin Kondo effects occur for single electron or single
hole occupations. Strong e-ph interaction suppresses tunneling between the dots
and degenerate states of single dot Kondo resonances emerge in this range at low
temperatures. Similarly, for double occupancy and strong e-ph coupling two impurity
Kondo (2K) becomes the ground state, while for weaker coupling local spin singlet
(LSS) is formed and for still smaller coupling orbital spin singlet (OSS) appears. When
dots are additionally capacitively coupled spin-orbital SU(4) Kondo state can occur for
strong e-ph interaction. For the attractive effective intradot interaction charge Kondo
effects appear in which charge fluctuations occur between even-occupied states.
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